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It s all clis%ibwlivﬂ:}

Let ® be a b‘mqu inﬁx oFe.r‘a:"or. 'De\oe.nclinj
on how we Curry, we c<an 'Form twe classes f
unory o]oero\br:. 'F"'“’ the jeneral elements o
which are offen denoled bj (xe) ond (’j) R
de-F:ned

(xe) = <>‘;j'- X’:j> C"‘j) = <>\><: X-v)

We eall them in Yris note “ the derived uno.[j
oFerabrs",

To beﬁm with we observe - with o\Foloaies
for Yhe two di R rent uscges oF Faren+\'ﬁeses -

( X e z) . = Xe (‘Z' )

i deﬁ'ni’r?c:n o( derived :jowi:erc‘\-orss
(-:j).(Cx-).z) = (x)(Cydz)

i o\eﬁniHOn o-f) @nc)ional compos'.\'ion&

qC 3)°(x-)). 2 = ((xedeoly)), 2

?

7 : -t
hence, thal < b'mar:) oPerc}or is associalive
means +thol its derived wnary or:ero\.-\-ors

Commu‘}'e .

To soy thot e “diskribules over” some
binc.r:j o-Pero§~or is reall o slalement about
its derived wnany oPer‘oJ-or-s: " e distrhhutes
faom  the |eﬁ over O  wmeans +thod @r‘ all

X,b,?.:
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(x).(yoz) = (xdy o &z
diskribu¥ion from the right means similerly
Gxd (yowz2) = Gxdy B Gxd)z
Both {ormulae are of the form

?.(bnz) = fnﬂ {?2 »

which cQ.Plures F distribultes over o . But
whot comes o'r this {%rmu\a i? 0 Yurns out
o he unqrb? /l-\.’e'p\o.cinj in the lash {%rrnulo\
PAq ®y gp . we get

Plyy) =3 ®yd o fg=of
Hence, thot dwe unar oPeroJ-or':s "commube”
means +‘heat *hej distribule over each other.

Hence, thal o binar aPeroJ-or' is associative

Jus} means +thal ks derived Unary c:)oerc.l-ors
cdiz¥ribule over— cach obher
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