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'T]')e "ro‘nsil'}vi\-:) d—() (l) , Ond 'H'le Sﬁmme)'rj UP
(2) oand o?@) Cure C]eo\rlg O-JF):eoJing. Rule (l),how-

wer, is o direct Consequence , omd rales (2)
and (3) are merehj hwo ol,iﬁ)e.ren-} -)rwnscri};}ions
oP the same
AvE (4)
CvD

AvC v (BAD)

?

o ru\e., w}\iel\ — O\.C‘QQUY\} 0’? "')\e. Samme}rj oP

'n'le dis3unc¥im- Com be ?]ieoL ™ gopvr diWM&n}
Woun s o dthe }wo ojiven om ecedents. Rules (2) ond
(3) give an\-j }wo 010 Hme. ?owr. Rule (I) e/meraes as
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1 Ca“@o(. 'H’ﬁs ”o. d‘rrec" ComsSequence ) becouuae
—pefha}os. Sovm ewhalt arbi)-rar;l,D— T would like }o dlis-
bnguish  belween 'mPeremee rules (diWww" Q/r:]olica)-ims
apamlrﬁe\n mou, Uielol resulls +hatl are not equ;va\eﬂ})
ond 5irnp]iPicQLicms that are Foss:la\e accwdine) lo
b oo) eom olge_)am. — Such as l"e)o\acina BAB by
go._\s\e ool HVCV&_\S_E E:j QVC-—-,bu) never
C—‘wo\nge 3-)>e, va\.ue o-P ”\e booleom ex\oress'um.

* *
¥*

The above comsed me o revisit the lorolo\em
OP the nine ma}-\nema'l-ic‘noms visslins an in‘&rno‘}imq]
C.‘cmgress, ond obou} l«.l)'lcp'm we oare 'rnvi}eo{ 40
Prove
ARv®B v ‘ (5)
with
A:  Jthere exisls o )rriP\e oF) maothematicions +that
1% incommunicoado (i.e. such thet no hwo OP
them have a \Qnama\@e ™ C.W\'\mcrh)
B Yhere exists o mathemalician vnaslerme) more
')'\'\Om "H-.r'ce \thuxmaes
C: there exisls G \omguche ma:‘-e/reot LU at \eas}'
three mathemalicians .

Ve«rs much like Yhe inkroduction OP ('natmec“)
Cux.xil'-arfj \‘mes o ]ooin“s o geome}-rj ]aroo()s,_.[ P""T)ose

Yo v hroduce nomed. QJ-AX'I\ial'U\ proposi}"rons > such ‘H’ml‘
— 7 L
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We con ]'Jrove ‘e\mmo.l'a. Ccnnnec)*ihs ‘H\em \'o the

above Pro]ousihans , such as

D. there exists a mathemalician thatl con corn-
Municate with more others Yhon he maslers
\nguo.ses >

grr which we com preve

Lemma 1 CvaD.

Eo_og Obvious. With }his quﬂ\;eQQ\'iO‘h we wmeomn

here +hal we conm start as well wnlh O\DServiha

Cv ”eac.\n ma“'uemaliciQn COW\W\LAY\ECO\\'CS e
dig’?er%\‘ \Omguases l«.n}}m 'n’lose. oH\@r‘s
he can communicate s th i; ek.
as l».n”w o)::ﬁ.emving
7D v"-l-)me,re exists a mal}memo\}icmn +hal} Skares

waoe with a} leash dwo olhers’ele.

a lan
(End o—F ProoP 0? Lernma 1.)

With
E. -H'le«re é’.X'ns}S o. Irnannemo.}-iciom "”'\o.“ can Corm ~
YhuniCOJ‘C \m\-\-\ mare ‘H"\O\h -H'\ree on')ers

?
\Wweé cCan )or‘oxre
L@\mma. 2 . Q v = .

Proo Let ”XI)/" here sland @n’ "x and y are hwvo
daﬂ)@r%}‘ lma\n\@rno\)'iciaﬂs Hﬂa}‘ }'mwe No \Ow\au.age

Y Caormnmmom N.}k
g: or each X, Fhe equa\-im X\u hos o} leash
ive o\i?PereJ soluaboms Par U,

e o):’sexue (obvious(v)
E v 9 . (¢)

With
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H: usth Y ond 2 Consl'r‘aineok bo belcms o om
arbibary quinkiple, the equation ylz  has

a} least ome =olubiom m ook 2,
we ohoserve (equc\\b ol:)V‘;wSl:,)
EvH . (?)

n})]ol:jms rule (4) do asserdions (6D omd C"'r') we
»?ino( E v ( 9 A HB ,
hence

E v h{)ar each X ,-)'he QQuahmn xl‘.j A x\z A \j\z

has at \easl’ cne solubion “ omch 2

(End ffP)Dr-ooP oF Lewma 2)

QPP\Jma rule (4) ‘o lemmala 1 and 2 we
im)()er the
Coro”aré « F‘] v C V(EA"I:D)

/R@meam\oeﬂnj rule (4) we 2ee thal (5) has
beon ‘vaed. her we com Jorove '.BVW(EI\‘CD)
or, eqmvo.]em]-ltj ‘

L%ma}_. Bv DvnaE .

’Pr‘oog. Obviocus . (Ehd o? Pr'ooP OP L evnmo 3).

»

Note thal m the above the COro“arb was o'nlg

wsed pr' \ﬂeurishc ]ourr)oses . Onece L-e/mmo.las
1,2, omd 3 }'\cwe Beem es\'a\o\is}'\eo\ we Could howe

inPerreo(.
A v E and AvavDd
PvDvat Cv 1D

A vBdvD AvBvC
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ondk  our two individuo\ "rv-.Pef-e-nces would Nowe

been °‘P bhe draditional Pofm oP the Yransitive

implica}‘iw .

F'a *
*
T hnow ')")'\a.; irm be)i&mrs ™ Hw, &o—co.“eol "haf-
ural deduchion ’ will Sl'al‘e that , P }he case

levama 2, 1 am 'us}- ”oleducing nal-uro“b ! Yhot
9 “cmus rem the aSSumP}'icn‘ 1E . \h -n'na a/rJ:re—
cation Wil Kind  +them selves S)'reng-n'\%eo& \:ua
'Hw o\oserva)-icn -H'\o.)' ™ ”'ta)f )‘:roop o.“ asser“tans
start with “Ev 'ﬂqeﬂ have o Po'm‘)', but he
Po‘m} 1S WQa\ﬂ. Lo—o&z ot ”\3 s)'ruc;ure u*P 4—]'\&
T.)roo]@ as o whale. Lemmata 1,2, omd 3 Coghure
it s B there  rule (§) does bhe Jcb, omol. at
Yhat | evel 3) 1B Lery ar)a;)mra b sul)d'.w de

O.sse-rl-w'cms ln)‘o QSSum)o}'ions OmO\ CcmC:LuSiOn%.

?%wk. O):servms Yhe seven ‘}-ri]oe.s Xyz2 Par G

poir CX,(j) such +that x)'j , the On"gum%)‘ proving
levmma 2 com equq“:, well be phraseol m ‘}erms
o-P o sserFions s\»orhna with "A v e the sense

usedd above alse Lemma 2 s obvious. (Enc\

04) Femon e )
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