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Tnspired by TTeter Ruer's proof”

When Prooﬁs are constructed gom s}reng\-%en;nj

Cor weckenin ) %ons{ér‘ma*"nons COMmMon @rm o?

the Froo? OP [’R} show
o [R <« tue) or  [folse & "R

’ﬂnouﬁh Yhe last -g:rm hos < specic.ﬁ name ‘”P“OOF

‘ | n ot Pro ound

1::3 Con\-r‘adic\-iohl— the distinchon 1S
becciuwse Sh‘erlﬁ}'hen'nrjﬁ sequence g‘om xR
lo  true con be Aranslialed mechanicall e C

s%’enﬁﬂwen‘ms sequence Gom 'PC‘\SQ +o "'t’R
(viz. the reverse seguence of Yhe nesc\‘}'e.cl elemenks ).

S+ren31f\‘l?-ﬂ‘mﬁ Secluences are Po-\"mo.ncj Yhe

casier Yo construck, the weoker the s+ar\-'|n3

elemen"- , and Yhe 5\-ron3€.r +he g)ino\\ elemeny. TThis
note 1s devoled +o +the observation +het it
suﬁ-:?ces o —la\«e {rom (O) —Hne u:ecx\'cer‘ o]p *Hﬁe.

consequents and the stronger o\P the antecedents:

(1) IR <« iR
Tormulation (1) is an OFHMU\M 1n +he sense
Hrat oj,? all imIaliCa4ions equivalent o W i+
lhe one with the weakest ConSEqu.en'l' andd  the
S"i‘f‘Oﬂ‘Ses'l- antecedent. TFurthermore , we darow)
atHention 4o the *?Gc* that, whereas Yhe ";mIalicc—
{1ons o() (0) are eoch other's c0n¥rc;]:>osi¥-sue.,
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imP\ico*\‘EOﬁ (1) S its oudn C.orﬁ‘r‘c\Posi‘l'}ve. ’:ﬁnc'tlj
we remark ‘H‘lof i w}wereas the é-—.'s e (O) <o
be reFlaced bj ='s R (1) remains an imPiicc-

‘\"IOY\‘. \A\ﬁen roved, -H':e. Coﬂsequ.en‘l‘ (‘I"rue> s

S)ﬂ‘iC"\J wseaker +Hhan the anYecedent CF)G\Se).

Hed the orBima\ oroop o\olijo}}on been
an implico.)'i on -ie. ol” the ‘{)orm | P Q] -
<P would have (sjlelded +he r‘e}ohf‘asi\ﬁj

(2) [’Pv 1@ = YA @J 2
Comchr‘e_d W..l‘H"\ Yhe ori@ir‘)a\ ]_"Pé Q_] 5 the

c:on-sequeﬂ)r has been Weokened b +he
dis'umchom \Aﬂ‘“"\ ’wﬁc—: hegcﬂ'ed O\f\"eceden}, -Hnﬂ
cnfecedent has been streng thened b\‘j +he
Cchun chon Wi “"l —Hne ﬂ%ﬂed Consaqgu enth.
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The above observation Nas been ‘}ﬁﬁéered
. ‘ o P
Y Yre %\\owmj Proof) ¥ “eter ﬁuér op
\J‘\anc;), Hhat [X = X,X when i+ nas
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Yy - IX=3)

Cii) J s the }denhb element o{g ;

(i) s distribares 0 both directions over
(Gom u.J}\'iC}'\ ;,5 monol-on{ci}j {)o“ows>

Auer's ProoTO went  as %\lows (here 1he
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unc‘tj ! Iy *Hwe onb loancc\] oPeu:\‘%or‘ wqu htahe;
binc\in_c) power than ) Prown3 [X = XXV'tX]

X
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X,
> { ; wmonolenic and [3=—’> XV'IX}}
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X3 (X v aX)

= 45 diskribures over vg
X, X v o XyaX
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X3 X v X
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