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ond o Fred'.cc}e -l-rcmsfﬁ;rmer is called “dokal-order
Jumc}-'we ” iﬁo 4 1s  junchive over tolally ordered
sebs of predicates. = We leave Yo the recder the
P!‘OOf OF) - See [O],P.84 -

S is ‘-o)rc.lb ordered = S* is '\-o]n\b ordered
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transformer is  monotonic We now generolize

Theorem (£,43) o? (o] --3-?2 p- 99~ ‘o

Theorem D i‘.S‘Junc. Yon Preser ve s -\-&QL order
753[\33?:_1-{\:;1-37, i.e. let Fre.dicc&e +ronsﬁ:>mer F
be given in terms of’ the tolol-order c:.onJ'undive
?redic:c.]-e. "rmnfs{é:fmers 9 ond  h b\b

[ﬁx = gx Vv h.x] -F:r' ol x

then {9 is  tokal-order ConJunch&_

/i7f'00£ In “ﬁis )':vroaﬁ X o.nd Ej r‘omse over

an ar\bi*rarj }otall, ordered set. Our ):n-oop
Ol:)‘iSo-hon 1S "\'\'\!-Z‘r\‘-j ‘o show
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To this end we observe
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3.<V><:: x) o \-\.<V3=:b)
1 g ond h total-order con'junc:{-ive}
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The anc:x\o:j o() Theorem (5,“6) 0€ [O] — See
P.76-?7 - is

Wikh ? monotonic 1n both o\raumenﬁ and
X and D !‘oﬁskns over Some '\'o'lro.uj orderec|
set

[(Vx,:j:: f-?‘“j> = {\vxu ﬁx.x)] ,

which we could howe aPTJealeol ko 'n the

obove Froop. Qll this is wmore Sener‘ol, cleaner
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and simrler thon n EO;J . For the soke o? com-
]o)elreness (ond hov‘\nﬁ ;\us}‘ started o new che)
we prove the last _fb_ec_)rem \03 ob'servina

<VX,3 i ij)

= {range s "l-o%-o‘lla ordered

<\‘7{’ X,4y: [2%3]: (’x:j> ~ <Vx,5: [x<—-~3]:{?x.b>
nesl—ins

{vx ::<\'/U-. [x%b-_): rx:j» ~ <V.3<Vx [x<=3]: [;‘x:-)>>

{ {) ymonotonic in both Qraumen}s
Qv Cx.x> A <V3 P33>
= {pred.cale]

<\'/><'.: ?.x.x)
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Al this hes Yeen Ani oeredt \gd o theorem in
the +thesis of  Ernie Co?-»en,
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