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Qur book's omission on quan\-igca-)ion over

scalar subhypes

Tn our book [DSs0], we ‘Failec‘ to introduce
SCO\ar‘s o? }:erT o5 O subbjae of S)rruc\'uf'_es
o? bPe T , and ConsequeﬂHj, our wse O() the

ex\?ressiom Jio{) 'H’le Same 'I' e” 1S Some}imes
am]oi:quus. TA the rest o Hhis text 5 X,
stanel %r dummies o? er:»e struchure 01? ngQT,

and ¢ {c’sr a scalar otumw;j oF} ¥JF€: T

In (ngéjp LG-K ’-Bj\smo\ rij]n‘n Po'm}‘s Ot—t’}'
thot our Yext can be iMerPre}-ecZ\ as SLﬁgesJ'i:)j
the +ruwth o? the gener &\b 'fo\b‘e

[<ve:le=x): P = L)

and 'I'l"IC\‘}' O ‘\6){4‘ ?c\.i\s '}O dea) exF1|'<;;+
win‘\ the —\-heorem ‘Hno} -Fcr Pur)c_l'uos\

(o) [<Vc:c.=x:(?c> = rx]

(e '\(\neor'em whic}\ s used!). _ﬂne Fur]DOSe
OF) this note s to \"e'meoL\D Hhis situghon,

* % *

We shall use —f)or‘ the sub)réj e relation
be-l'weef‘\ X and < *]'\qe_ Pos)'u.]c.‘te.

(1) (ve{@x: [x =] ,
€rom which —since [[X]%X] ~
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(2) (Ve [{Fxu x=ed])

-@,llows. Turthermore , the —?&c}‘ that ¢ s
not Jus\' Cu 5(.;\05172 o? the 5)'mck4r‘e X

bLJ 'S *H'le corresypondin sca‘cr l e
lecads 4o +the ?os¥u\f}e. 9 JP

(3) <\/x:: [(EIC?: C=X_>_J_>

Tinal we recall  +the c\eﬁm'}i‘cm o]? 'F)%
]ounc U\O\\i{ji

(4J [<\7/>(,U . x-_.-j = {’:‘x =_():j>:‘ :

‘?0'“ booleon ‘F) » Pf'eclicc:'—e caleulus allows
us 1o rewrite (4) as

(5) [(Vx,b T oX=y {.)x = Xay= ?’3)]

Just Yo be on the ~very -~ sa@: side,
we check +hat o {;rmulo\ universall
quanl—iﬁec\ over X mo be instantioted
with  x:=z ¢ , le. we shell prove {f;r non

lr'lect?S‘.Sc::riEj ]Ourxci-uc.l 3
(6) [(Vx S 3><> = <\7’<:.-.-.j.¢>]
To this end we observe
<VC:: .C>
{(159_}
<\‘/C:: <El><:.- [X=C-l> = 8C>

{ Prec\i cake coledd] uss

Ve v x Y_x:c] =) 9C>>

)
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= {in*erc]nanje; Leibrﬂz%
<\v’x:: <VC . EX:C] = S.X >>

= {predicete calculus

<VX:: <§C:: {X=C]> = 3>(>

<& { Precl,i ccte cal Cu\u5'3
<\7/>< n 8 ><>

_N__C_b_i'g —ﬂﬁe GrS‘}- = s no-} '3uc[/\ O r*oJoloiJ-
when we reglize (igj —Hr\o} we have 4o use
() n a 5]—r—en3-l—‘nenmj c}\ain, (i) Hhat e
have to introduce & c‘uon}if}cc;)-ion over X
andg Ciii ) Le}bmz S nNeeded re|o3~e ﬁ'c

Yo g.x C_End, o{’ Nole.)

The r)f‘OQF o? (O) 1S }Zj a‘ 3:_6-]‘70?5
qrgumenh peng }aeinj the easiést, we do
Yol ome (nrs}.

ool of (0), [LHS «RHS])
[(Vc: c:x:€c><€= {)x]

& { (6}

((Vg?[:(v:x: -fj}) < fx:}
= Fr Calcg,

{-<th ij:X: -Ey < fX)}
< -{Frecl-ccx\c.:}

[<\:/ : = X =}( = & )>]
= ?(4?, f ts gc?nchai\}

‘}'rue..

(Enc\ <>€ /PmoFu‘F CO), [\-HS{:"RHS].)
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We have not made use 32%‘ o() (3) . We
are 3;:11’19 do do theatl b» s-lqowiﬂj RN Pfe-

J
PoroiOh O-P the Fr‘oo? JF Tp?nj, thak
@:r‘ r)unc}ucx) ]p 7

(7) [(Vx:: ‘VX> = <\_/Q::\(.)C>]

The s remarkabl similar o Ve
&\r[if:ooé)roo c;f 0(6) \jwe observe ?or‘

£
<\7/><:: fx}
= { (2%
<V><:: <3C C=X> => -FX)
= { pred. cale.}
<\7’x1:):<vc R €x>>
{'m}er‘c‘nonje,.; (5) 3\(6), ]P is Puncktalj
<\/c:; <\7/><:: X=z< = fc>>
'{Fred. CQL(’.}
(Ve (Hxu x=c) =l

<\V/C 3 ()C> ;
and a@-er This demenstration u? (73,
e Proo() oP I?:vlc} s o wolle-over |
“Proof’ of (o), [LHs = TRHS)

LCQ oloserwe —F)or 'FU\T\C}"-LO\‘ p

<\7/C: C=X": -C>
— {(7)) ?:x{)cmd F both Punc}uo\l_?]

<v(j b:X: Fj>

Puf‘lc\ua

I

fl
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= {’ms'\‘aﬂ}io\hcm U s XB

=
X=X = (?X
{Fred.icd-e Co\\cdusj

Px

and this ccmc.ludee Jrhe_ Froog) o() (o) .

h

This foo€ became \onﬁer Yhoan T had ex-

ected. don't @el c\,u'”:j chout postuletin
(1) and (3) here, bk K is bad F%a} n)g

oton‘l- occur 1IN owr book,

conkrext de-
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